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From the right: Carl Faith, Molly Sullivan (Carl’s wife)
Dolors Herbera, Adriana & Alberto Facchini

(Photo by Marco Facchini on Carl’s Camera,

 taken from Alberto Facchini’s website & also on Dolors’ website.)
Alberto Answers a Question


At the Conference in Rings and Modules at Barcelona in 1986 (about which, see at Pere Menal),  Alberto Facchini  answered a question that had been nagging me for several years by showing that any valuation ring R has FP-injective quotient ring Q(R). Poobhalan Pillay and I included this result in our monograph, “Classification of Commutative FPF Rings,” published by Murcia University in 1990. Later, after I found a counterexample to a conjecture of mine on FP2F rings—this appeared in 1992. (Here P2 denotes P squared).  (All references are to papers in the Bibliography of “Rings and Things.”)

FSFPI Rings

The problem naturally arose to determine all commutative rings R such that the quotient ring Q(R/I) is FP-injective for all ideals I. Rings with this property are called fractionally (self) FP-injective, or  FSFPI rings, following Vámos’ terminology for fractionally self-injective (= FSI) rings. The classiﬁcation of FSFPI rings were obtained in our joint 1996 paper, which we wrote in 1995–96 communicating our results to each other entirely by fax! (I had not yet succumbed to the allure of e-mail, but have since, due to that very thick sheaf of faxes that I accumulated.)


 To go back to the classiﬁcation, yes, every FSFPI ring R is an arithmetic ring (in the sense that every local ring of R is a valuation ring), and the converse is proved, e.g. for semilocal rings (see Theorem 6.4 in “R & T.”). Moreover, FSFPI rings coincide with fractional p-injective rings (vide.). 

Good Karma 


Consider the good karma that came from Peter Vámos’  1983 Exeter Conference and Pere Menal’s 1986 Barcelona Conference :  The Vámos-Menal theorem  embedding any ring R into an FP-injective ring, an the joint work of Alberto Facchini and myself reported above, and no doubt much more than I am aware of.




Alberto Facchini and Peter Vamos at the Exeter Conference

Photo by Carl Faith, sent to Alberto & taken from his Home Page.

